Abstract. Let X be a smooth aprojective curve of genus g ≥ 2 and E a rank n vector bundle on X. For any linear subspace W of E let τ E,W : n (W ) → H 0 (X, det(E)) denote the exterior product map. Here we study the existence of triple (X, E, V ) such that E is stable and τ E,W is injective, essentially when g n.
Let X be a smooth and connected projective curve of genus g ≥ 2 and E a rank n vector bundle on X. For any linear subspace W of E let τ E,W : n (W ) → H 0 (X, det(E)) denote the exterior product map. The study of injectivity of τ E,W was started by N. Teixidor i Bigas in [4] . She also linked it the Plüker embedding of the Grassmannian. Here (stimulated by [3] . §4) we will consider it again and prove the following result. 
Theorem 1. Fix integers n, b, k, g, d such that
Remark 1. The case b = 2n + 1, d = 2g − 2 of Theorem 1 give a partial extension (E is not spanned in Theorem 1) to the case n ≥ 3 of [3] , part (ii) of Theorem 4.1. However, here we also get the existence part for stable vector bundles, while in [3] only semistable and decomposable solutions were given. We are also more explicit on the choice of the curve X.
Remark 2.
Here we will follow [2] , §2.
To simplify the notations we will identify G(a, b) G(a, b) , it is a smooth point of the Hilbert scheme Hilb (G(a, b) ) of G(a, b) and G(a, b) . Take a general such smoothing C ⊂ G(a, b) . N(a, b) . )) is bijective. Identify C with an abstract P 1 and let F be the rank a vector bundle on P 1 which is the direct sum of line bundles of degree u − 1 and a − line bundles of degree u. Thus F is the only rigid vector bundle on P 1 such that deg(F ) = deg(Q a,b |C) and rank(F ) = rank(Q a,b |C). Since Q a,b is spanned and C is smooth and rational, h F ) . Q a,b |C is the flat limit of an integral family of vector bundles on P 1 isomorphic to F . By semicontinuity we get the bijectivity of the determinantal map N(a, b) ) is bijective.
Proof of Theorem 1. Set := un − N(n, b). Let F be the vector bundle on P 1 considered in Example 1. Fix a degree k morphism f : We work over an algebraically closed field K. For the statement of Theorem 1 we require char(K) = 0.
